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Abstract
Unsecured interbank money market rates such as the Euribor increased strongly with
the start of the financial market turbulences in August 2007. There is clear evidence
that these rates reached levels that cannot be explained alone by higher credit risk.
This article presents this evidence and provides a theoretical explanation which refers
to the funding liquidity risk of lenders in unsecured term money markets.
Keywords: Liquidity premium, interbank money markets, unsecured lending,
2007/2008 financial market turmoil
JEL Classification: G01, G10, G21
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NON-TECHNICAL SUMMARY
Unsecured interbank money market rates such as the Euribor increased
strongly with the start of the …nancial market turbulences in August 2007.
There is clear evidence that these rates reached levels that cannot be explained
alone by higher counterparty credit risk, i.e. the credit risk of the lender in
a money market transaction. To illustrate this, we use market based measures for credit risk, like the CDS spread, to extract the credit risk for Euribor
panel banks and contrast these with the reported Euribor rates. Since August
2007, there is evidence of a large, persistent and time varying component of the
Euribor-Eurepo spread that cannot not be attributable to the credit risk of the
lender.
This article presents a theoretical model which explains this component with
reference to the funding liquidity risk of lenders in unsecured term money markets. To this end we model a three period interbank market in which banks
optimally choose to lend liquidity surpluses short term (one period) or long term
(two periods). The basic mechanism, leading to an elevated liquidity risk (or
funding liquidity) premium in the interbank market is as follows. In a situation
in which the likelihood of adverse liquidity shocks increases or the likelihood of
a rating downgrade (or both), banks that o¤er long term funds are faced with
an increased likelihood to have to seek re…nancing themselves in the interim
period. All else equal, therefore, the price for long-term re…nancing goes up.
This is because banks will internalise in the price they demand their own credit
premia, which would re‡ect in the price they would have to pay would they
have to re…nance in the interim period. This is what we call funding liquidity
risk premium. Further, we extent the model in a number of ways, allowing for
random allocation of bank types, a repo and a CDS market, in order to highlight
the in‡uence of these markets on our measure of funding liquidity risk.
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1

Introduction

Unsecured interbank money market rates such as the Libor (London Interbank
O¤er Rate) and the Euribor (Euro Interbank O¤ered Rate) increased strongly
with the start of the …nancial market turmoil in August 2007. There is clear
evidence that unsecured money market rates reached levels during the turmoil
that cannot be explained alone by higher borrower default probabilities. Indeed,
approximate no-arbitrage conditions in principle require that the spread of the
(one-year) Euribor over the (one-year) general collateral repo rate (i.e. the
riskfree rate) should not be much above spreads of (one-year) credit default
swaps (CDS) on banks. This was the case before August 2007. But since
August 2007 the Euribor has been signi…cantly higher than spreads on bank
CDSs.
This “liquidity risk premium”in money market rates has at some occasions
been attributed to liquidity hoarding. Liquidity hoarding in this context may
mean that banks that have a surplus of funds are not ready to lend them to
other (private) banks. Anecdotal evidence suggests in this context that term
unsecured money market volumes declined signi…cantly with the start of the turbulences. However, some observations indicate that banks did not stop lending
to other banks in August 2007:
Spreads of EONIA (Euro Overnight Index Average) over the ECB minimum bid rate have not increased in the turmoil. EONIA volumes even
increased slightly after the start of the turmoil. Thus, banks did not become reluctant to lend unsecured to other banks overnight, although not
for longer time horizons.
Spreads of repo rates (over overnight interest swap rates) did not increased
in the turmoil. Repo market volumes remained by and large stable. This
holds also for term repo markets.1 Thus, banks did not become reluctant
to lend collateralised to other banks even for longer time horizons.
This paper describes these observations in detail and provides a theoretical
explanation which refers to the funding liquidity risk of lenders in unsecured
interbank term money markets.
To understand the basic argumentation we o¤er, consider a bank with a
cash surplus. This bank can o¤er unsecured funds either in the overnight money
market (at the Eonia) or in the term money market (e.g. at the Euribor). With a
certain probability, it receives a liquidity shock (liquidity out‡ow) at some point
in the future. If the bank lends out in the term money market and receives such
a shock before the loan matures, then it will have to raise funds itself when the
shock arrives. It may not need to do so if it lends only repeatedly overnight
until it receives a liquidity shock and then uses the repayment of the loan to
satisfy its obligations. If the bank fears that it could only borrow at relatively
bad conditions at the time of the shock (e.g. because it may not have enough
1 See
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ICMA (2008a) and ICMA (2008b).

collateral to borrow in the repo market and other banks may assume that the
bank is relatively risky), then it will be ready to lend in the term money market
only at elevated rates. Banks with a cash shortage will thus prefer to borrow
repeatedly overnight rather than once for a longer term even if they need cash
for a longer period.2 As a consequence, term money market trades will be rare,
overnight money markets will be liquid. Term money market rates as measured
by the Euribor will not re‡ect e¤ective rates, but only levels at which banks
with a surplus would be ready to lend for a longer period.
On the basis of this argumentation, it can be concluded that interbank term
money market spreads increase if, among others, (a) the risk that the lenders
receive a liquidity shock before term loans mature increases and/or (b) the
probability that the lenders face higher funding costs when such a liquidity
shock arrives increases. These future funding costs go up for example when
the lenders’ default probabilities rise. Thus, term money market rates do not
only increase when the probabilities of default of the borrowers increase, but
also when the lender default probabilities go up. Future funding costs are also
pushed higher if lenders may be hit by a deterioration of the quality of available
collateral so that they cannot raise funds in the repo market anymore. Thus,
unsecured term money market rates will be higher if lenders may face a lack of
high-quality collateral before term loans mature.3
This last point may have played a speci…c role during the …nancial market
turbulences. Before the turmoil, many banks had set up special investment
vehicles (SIVs). The SIVs raised short-term loans and invested them in for
example asset-backed securities (ABS). When the sub-prime crisis hit, investors
stopped providing short-term loans to SIVs. The risk that a bank would need to
bail out its SIVs increased. Bailing out an SIV however implies purchasing from
the SIVs in particular ABSs which however are hardly accepted as collateral in
repo markets.4 Thus, with the start of the sub-prime crisis, the risk of a major
furture liquidity shock and a simultaneous deterioration of available collateral
soared.
Our paper contributes not only to the policy discussion on the …nancial
market turmoil, but also to various strands of academic literature.
The empirical part of our paper relates to the very recent and growing body
of empirical research that tries to decompose money market rates during the
turmoil into credit risk, liquidity and other components. Examples are Wu
(2008), Michaud and Upper (2008) and Taylor and Williams (2008). These authors apply regression techniques for the decomposition. In all studies, money
market spreads are used as dependent variable. As independent variables, credit
components are measured by CDS spreads (and other indicators) and liquidity
2 This, of course, does not take into account that some banks may need to borrow once for
a longer period for regulatory or other reasons.
3 It is noted here that loans granted in the unsecured money market cannot be used by the
creditor as collateral to borrow in the repo market.
4 See for example ICMA (2008) that reports that more than 80% of European repo market collateral is government bonds. For a comparison, note that less than 50% of all eurodenominated bonds are government bonds.
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components are measured by (dummies for) central bank interventions (Taylor
and Williams (2008), Wu (2008)) or as a residual (Michaud and Upper (2008)).
Wu (2008) and Michaud and Upper (2008) identify a signi…cant impact of liquidity measures on money market rates, while Taylor and Williams conclude
that liquidity does not play a role.5 Based on a simple arbitrage argument, we
measure in the empirical part of this paper the liquidity component in money
market rates simply as the di¤erence between the one-year Euribor spread and
the spread of one-year CDS contracts on major banks. We …nd that liquidity
has been a key driver of money market spreads since the start of the turmoil.
Our theoretical model contributes to another very recent body of literature,
the literature on funding liquidity and collateral. A recent example is Brunnermeier and Pedersen (2006) who analyse the concept of funding liquidity and the
relation between funding liquidity and market liquidity. There, funding liquidity
is essentially de…ned in terms of collateral margin levels and therefore closely
relates to institutional factors. Our model also discusses funding liquidity, funding liquidity risk and the role of collateral, with however a very di¤erent and
more general focus. In our model, funding liquidity refers to the spread between
interbank money market spreads and CDS spreads as well as the money market
term spread. Acharya and Viswanathan (2008) discuss the role of collateral on
funding liquidity and credit rationing. The impact of collateral on the maturity
of loans and term spreads is not discussed.
Our modelling approach is remotely related to the literature of optimal re…nancing in the presence of liquidity shocks (and moral hazard), as pioneered
by Holmström and Tirole (1998). Just like in our model economic agents are
faced with liquidity shocks that they can choose to re…nance short term (i.e.
every period) or, long term via contracting in the initial period. In contrast to
Holmström and Tirole, however, in our model this decision is merely a question
of the price – since liquidity shocks do not eat up capital but sum up to zero
there will always be re…nancing available –while in the Holmström and Tirole
world ex-ante contracting of re…nancing is a form of taking out insurance against
forced project termination in the interim period.
Our paper has some similarities with the literature on bank runs. In the
classical paper by Diamond and Dybvig (1983), banks can either hold cash or
invest in a two–period project that can be liquidated after one period only at
a loss. A liquidity shock after one period in the form of a bank run occurs if
depositors fail to coordinate on a no-run equilibrium, enforcing the early liquidation of the two-period project. Starting from the theory of global games (see
for example Morris and Shin (2003)), several authors have extended the framework of Dimond and Dybvig in a way that makes the liquidity shock depend on
(information on) random fundamentals rather than on coordination failures (for
example Carlsson and van Damme (1993) and Goldstein and Pauzner (2005)).
We also consider banks that can invest (lend) funds for one or two periods and
that face the risk of random (exogenous) liquidity shocks after the …rst period.
5 For a discussion of the di¤erence between Wu (2008) and Taylor and Williams (2008), see
Wu (2008).
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However, in contrast to the bank run literature, liquidity shocks do not lead
to default in our model. They only require banks that lent out funds for two
periods rather than one to raise additional funds after one period at relatively
high cost. Moreover, we do not only consider banks with a surplus of funds that
they wish to invest, but explicitly model banks that have a liquidity de…cit for
two periods and allow them to either borrow once for two periods or for one
period twice.
Another strand of literature to which our paper may contribute is the literature on the yield curve as we consider the term spread as a result of expected
funding conditions. Finally, our paper may also provide some suggestions for
the valuation of deposits and bonds by CDS spreads.6
The paper is organised in three sections. Section 2 summarises the main
empirical observations. Section 3 outlines the theoretical model and provides
the main intuitions. Section 4 concludes.

2

Main empirical observations

The start of the …nancial market turbulences was clearly marked by a strong
increase of unsecured term interbank money market rates in the beginning of
August 2007. Chart 2 shows the evolution of the spread between the Euribor
and the Eurepo7 for the 3-month, 6-month and 12-month maturities. Within a
few days, the spreads went up from about 10 basis points (bps) to around 70
bps and remained at these levels until later summer 2008. In September 2008,
after the default of Lehman Brothers, spreads increased further to reach levels
above 200 bps.
To assess the reasons for the sharp increase in the Euribor, we compare
Euribor spreads with spreads of credit default swaps (CDS). A (single name)
CDS contract between two parties, the protection buyer and the protection
seller, is characterised by a reference entity, a reference obligation, a notional
amount, a CDS spread and a maturity. The reference obligation is typically a
bond issued by the reference entity that matures after the CDS contract. A oneyear CDS contract on reference entity ’bank ’with a notional amount q and a
CDS spread means that the protection buyer pays quarterly, for the …rst time
after three months and for the last time after 12 months, a premium 41 q to the
protection seller if bank does not default on the reference obligation within one
year. If bank defaults within one year, then the premium is not paid anymore
after the day of default. Instead, the protection seller pays the notional amount
of the CDS to the protection buyer after the default and receives the reference
obligation from the protection buyer.
Du¢ e (1999) and Hull and White (2000) argue that the CDS spread should
approximately equal the di¤erence between the yield of a par bond of the reference entity that matures when the CDS matures and the risk free rate, i.e. the
6 See

for example Du¢ e (1999) and Hull and White (2000).
Eurepo is an average general collateral (GC) repo rate from euro repo transactions.
For more details, see www.eurepo.org.
7 The
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asset swap spread. If this is not the case, then arbitrage opportunities may arise.
Suppose that the CDS spread is below the asset swap spread. Then investors
could realise pro…ts by raising funds X at the risk free rate (e.g. in the repo
market against high-quality collateral), buying the par bond with these funds
and buying protection with a notional amount equal to X. If the CDS spread
is above the asset swap spread, then investor could sell the bond and protection
and invest the proceeds from selling the bond at the risk free rate.
In a similar way, it can be argued that the one-year CDS spread on some bank
should equal the di¤erence between the one-year unsecured interbank market
rate at which the bank borrows funds and the one year repo rate. In particular,
if the CDS spread is below this rate di¤erential, then investors could raise funds
in the repo market, lend them unsecured to bank and buy protection against a
default of bank through the CDS. A precise set of assumptions that supports
this argument is analysed in Annex A. It is also shown in Annex A that the
(risk-neutral) probabilities of default of bank
implied in CDS spreads are
lower than those implied in money market rates if CDS spreads are lower than
spreads of unsecured money market rates over repo rates. It can therefore be
concluded that money market spreads do not only represent borrowers’default
probabilities (credit risk premia), but also other components which may be
called liquidity risk premia, if money market spreads exceed CDS spreads.
This argumentation establishes a relation between the spread of a one-year
CDS on a speci…c bank and the (spread of) the interest rate at which the bank
borrows unsecured for one year in the interbank market. However, we do not
have information on this interest rate. We only have the one-year Euribor. To
see to which extent we can replace the bank speci…c borrowing rate by the oneyear Euribor, it is important to understand how the Euribor is de…ned. The
Euribor is calculated as an (unweighted) average of (up to) 43 individual rates,
each rate reported by a so-called Euribor panel bank. The 43 panel banks are
supposed to report "to the best of their knowledge [...] rates being de…ned as
the rates at which euro interbank term deposits are being o¤ered within the
EMU8 zone by one prime bank to another at 11.00 a.m. Brussels time (’the
best price between the best banks’)"9 .
Thus, the rate that a panel bank reports is not the rate at which other banks
o¤er deposits to the reporting bank or the rate at which the reporting bank o¤ers
deposits to other banks. It is the rate at which the reporting bank believes one
of the best banks o¤ers deposits to another one of the best banks. Indeed, the
(up to) 43 daily individual contributions to the one-year Euribor do not deviate
much from one another as Chart 3 shows. The standard deviation of individual
contributions remained below …ve basis points even during the turmoil.10
It is therefore plausible to consider the Euribor as a lower bound of interbank
rates so that an individual bank should normally not be able to borrow below
Euribor and many banks should only be able to borrow at rates above Euribor.
8 EMU

stands for European Monetary Union.
from the Euribor Code of Conduct, see www.euribor.org.
1 0 For a comparison, the chart also provides the standard deviation of spreads of one-year
CDS contracts on 20 Euribor panel banks.
9 Quoted
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The above argumentation therefore suggests that arbitrage could be made if the
(one-year) CDS spread of a speci…c bank is below the spread of the (one-year)
Euribor over the one-year Eurepo rate.
Chart 4 shows (i) the spread of the one-year Euribor over the one-year Eurepo (dark line) and (ii) the average one-year CDS spread over CDS contracts
on 20 Euribor panel banks. These are all panel banks for which CDS data have
been available from Bloomberg at least from June 2007 onwards. CDS spreads
approximately equalled Euribor spreads before the start of the turbulences in
August 2007. However, since August 2007, spreads of the Euribor over repo
rates have been much larger than CDS spreads. The following charts present
bank speci…c CDS spreads for the 20 panel banks and compare them with the
one-year Euribor spread. Euribor spreads have been close to CDS spreads before
the start of the turbulences, but much higher than CDS spreads for virtually
all banks and all days since the start of the turbulences. The only exceptions
are a few banks with elevated CDS spreads in March 2008 at the peak of the
Bear Stearns crisis. It appears plausible that these banks could borrow only
well above Euribor at that time so that most likely the bank speci…c borrowing
rate was above the respective CDS spread also for these banks.
Before we continue to explaining these observations with our model, we report a few other observations that will turn out to be relevant in the context
of the model. First, it is interesting that only spreads in term money markets widened, while spreads in overnight unsecured money markets remained
unchanged. Chart 5 shows the spread of the Eonia over the ECB’s minimum
bid rate. Obviously Eonia spreads remained on average on pre-turmoil levels
although they became much more volatile.
It is important to note that the Euribor and the Eonia are de…ned in very
di¤erent ways. The Eonia is the volume weighted average of rates from unsecured overnight transactions of a panel of 43 prime banks (the same panel as for
Euribor). The Eonia is thus based on transactions that e¤ectively took place.
The Euribor is the average of rates at which panel banks believe prime banks
can borrow from other prime banks. The Euribor therefore does not necessarily
refer to real transactions.
Against this background, it is interesting to look at how volumes have evolved
during the turbulences. Unfortunately, there are hardly any reliable data on
volumes in term money markets. However, anecdotal evidence suggests a sharp
decline in unsecured term money market volumes in paralell to the strong increase of rates. For example, based on interviews with several market participants, BearingPoint (2008) …nds: "In previous editions of BearingPoint’s repo
study we pointed out that the unsecured money market still o¤ers banks a simple and attractive way of getting liquidity in and out of the market. However,
this has changed quite dramatically since mid 2007. Today, banks only selectively provide cash on an unsecured basis. For example, borrowing money from
other banks or even between di¤erent departments of the same bank for more
than a day has become very di¢ cult." and "(...) liquidity in the unsecured market is currently concentrated on ’Overnight ’transactions". Indeed, volumes in
unsecured overnight markets seem to even have increased slightly as Chart 6 on
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Eonia volumes shows.

3

The model

We consider a model with three periods t = 0; 1; 2 and N banks. There are two
types of banks in t = 0, 12 N banks are -banks and 21 N banks are -banks. We
assume that at the beginning of period 0 all banks have exactly as much cash
(central bank deposits) as they need to hold in all periods. However, already in
period 0 there are exogenous cash transfers d0 from (customers of) -banks to
(customers of) -banks. That is, each -bank sends d0 and each -bank receives
d0 .
In period t = 1, -banks are divided into three subgroups: (1
) 41 N banks
1
1
are of type
, (1
) 4 N banks are of type
, and 2 N banks are of type
. There are exogenous cash transfers d1 from (customers of)
-banks to
(customers of)
-banks, i.e. each
-bank sends d1 and each
-bank receives
d1 . Banks of type
do not send or receive cash. We assume that the size of
cash transfers d1 is random with density f and distribution function F and that
-banks do not know in period t = 0 of which type they will be in period t = 1.
Period t = 2 is the termination period. Banks default only in t = 2. The
probabilities of default are p for -banks and p for -banks. These probabilities are the same in t = 0 and in t = 1, i.e. all -banks have the same
probability of default independent of whether they turn out to be
,
or
. Moreover, probabilities of default do not depend on the size of the (random)
liquidity shock d1 . Recovery rates of default are assumed to be zero.
There are three types of markets. Banks can borrow and lend riskfree in
repo markets against perfect collateral. There is a one-period and a two-period
repo market in t = 0 and a one-period repo market in t = 1. The one-period
0;1
1;2
repo rates rR
in t = 0 and rR
in t = 1 are exogenous and non-random. For
0;1
1;2
simplicity we assume rR = rR . The two-period repo rate in t = 0 is denoted
0;1 2
rR and we assume (1 + rR ) = (1 + rR
) , i.e. the risk free yield curve is ‡at.11
Banks have perfect collateral C and C in t = 0 and the value of collateral
increases at the repo rate (accrued interest). Collateral can be reused. If an
-bank receives collateral from a -bank in t = 0 for a two-period loan, then
the -bank can use the collateral for example to secure a one-period loan that it
receives in period t = 1. We will however assume most of the time that -banks
do not have collateral (C = 0) and discuss the role of collateral available to
-bank only brie‡y later on.
Banks can also borrow and lend in an unsecured interbank money market.
The rate r0;1 in the one-period unsecured market of period t = 0 equals of course
0;1
rR
as there is no default in period t = 1. For simplicity we assume that there
is no one-period repo trading in t = 0 as the one-period unsecured trading in
t = 0 is a perfect substitute because default cannot occur in t = 1. The rate in
1 1 Note that in the present model with two di¤erent maturities and a discrete time setting
the ‡at yield curve does not imply arbitrage opportunities.
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the one-period unsecured market of t = 1 depends on the probability of default
of the borrower. Type
-banks borrow unsecured in t = 1 at rate r1;2 with
0;1
(1 p )(1 + r1;2 ) = (1 + rR
) and type -banks borrow unsecured in t = 1 at
1;2
1;2
0;1
rate r with (1 p )(1 + r ) = (1 + rR
). Thus, all one-period rates are quasi
exogenous. The only endogenous rate is the two-period unsecured market rate
of t = 0, which we denote r. Interest in repo markets and in unsecured money
markets is to be paid when a loan matures.
Finally, there is a credit default swap (CDS) market in t = 0. The underlying
reference entities are -banks. A protection buyer will receive the notional
amount of the CDS contract if the underlying -bank defaults and will pay times the notional amount otherwise. We assume that the banks of our model
always trade CDS contracts with institutions that are not modelled explicitly,
that never default and that ignore counterparty risk. Thus, the CDS premium
that an -bank will receive if it sells protection and the CDS premium that
it has to pay when it buys protection do not depend on p . We will discuss
counterparty risk in CDS contracts brie‡y in Section 4.
All random variables are assumed to be independently distributed. This
would also imply that one -bank defaults independently of another -bank.
However, we consider the -banks as one representative -bank instead of many,
which implies for example that CDS contracts are on the same -bank and
that all loan trades of an -bank with a -bank, no matter whether the trade
takes place in period 0 or in period 1 and whether it matures after one or two
periods, will be with the same -bank. All banks are risk neutral, price takers
and maximize expected utility in the termination period. Utilities equal pro…ts
unless the bank defaults in which case the utility is normalized to zero. We
0;1
assume that (1 + rR
)d0 < d1 . This means that
-banks will in any case need
to borrow in t = 1, even if they lend in t = 0 only for one period.
Because we assume risk neutrality, banks do not trade in the CDS market
to hedge the risk of losses from default in the interbank market. Moreover, the
expected return from a CDS portfolio does not depend on a bank’s activities in
the interbank markets. Finally, activities in the CDS market are not constrained
by activities in interbank markets. For example, as we assume that CDS contracts are not collateralised, borrowing in the repo market does not reduce the
size of CDS trades that a bank can conduct. For these reasons, there is a clear
dichotomy of the CDS market on the one hand an the interbank markets on the
other. Banks build up a CDS portfolio if there is a CDS portfolio that has a
p
positive expected return. This is the case whenever 6= 1 p . We therefore get
the following result:
Proposition 1 In equilibrium, we have

=

p
1 p

.

p

If > 1 p , then -banks would o¤er as much protection as possible, in our
p
model in…nitely many contracts. If < 1 p , then -banks would demand as
much protection as possible, in our model in…nitely many contracts. Both is
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not compatible with an equilibrium.12
We now turn to the interbank markets and …rst look at cases without funding
liquidity risk ( = 1 or p = 0 or su¢ cient endowment of collateral). Let Xu0;2
be the equilibrium amount of unsecured two-period loans granted in t = 0 by
an -bank.
Proposition 2 Let C = 0. Let p = 0 or = 1 (or both). Then any Xu0;2 2
[0; d0 ] is an equilibrium and the unique two-period unsecured interbank market
rate is
1 + rR
1+r =
(1)
1 p
Thus, if there is no funding liquidity risk or -banks cannot default, then
two-period unsecured loans are possible as the rate for such loans is low. The
same holds if -banks have su¢ cient collateral to borrow any amount needed
in t = 1 in the repo:
Proposition 3 Let C = 0. Let
p p > 0 and < 1. Assume that there is some
number a 2]0; d0 ] such that F [ (1 + rR ) (a+C )] = 1 if and only if a 2 [a; d0 ].
Then any Xu0;2 2 [0; d0 a] is an equilibrium and if Xu0;2 > 0, then the unique
two-period unsecured interbank market rate is again given by equation 1.
In other words, if the shock d1 cannot exceed the value of the collateral in
the hands of -banks plus the amount of money that an -bank receives back
in t = 1 from a one-period loan granted in t = 0, provided that this loan had a
volume of at least a, then two-period unsecured loans are possible and the rate
for such loans is low.
From these propositions, we immediately get
(1 + rR ) = r

rR

(2)

whenever the conditions of proposition 2 or proposition 3 are ful…lled. It is easy
to show that equation 2 is the arbitrage-free condition under this set-up. Thus,
the approximate arbitrage-free condition = r rR can be made precise in the
context of our model. Equation 2 needs to hold exactly to ensure that arbitrage
cannot be made under the assumptions of the model and the conditions of
proposition 2 or 3.
We now come to our main result. It describes the situation in the presence of
funding liquidity risk. Funding liquidity risk is de…ned in our context as the risk
1 2 It is easy to understand at this point that we could model the CDS market in a more
realistic way without changing the results. It would require however a more complex notation.
We could assume that there is a (large) number of big institutional investors who are active
in the CDS market but have no access to the interbank market (as they are not banks). CDS
contracts need to be collateralised and the institutional investors do have enough high-quality
collateral for this. Given the size of the institutional investors and the banks’potential lack of
collateral, the activities of the institutional investors alone determine the CDS spread, which
p
will thus be = 1 p . Given this spread and given the lack of collateral, banks will decide

not to trade CDS contracts.
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that a liquidity shock materializes ( < 1) and that funding costs at the time
of the liquidity shock exceed the risk-free rate because (i) default probabilities
are positive (p > 0) and (ii) there is a lack of (high quality) collateral.
Proposition
4 Let C = 0. Let p
p
(1 + rR ) (d0 + C ). Then any
1+r 2[

> 0,

< 1 and F [ ] < 1 with

1 + rR 1 + rR
;
[1 + (1
1 p 1 p

F [ ])

1

p
2

1

p

]]

is an equilibrium and Xu0;2 = 0. Only if
1 + rR
1 p

1+r

then -banks would have positive demand for unsecured two-period loans in t =
0. Only if
1 + rR
1
p
1+r
[1 + (1 F [ ])
]
1 p
2 1 p
then -banks would have positive supply of unsecured two-period loans in t = 0.
Thus, the two-period unsecured market breaks down if funding liquidity risk
is present. All unsecured loans are one-period loans.
As explained in Section 2, the Euribor is de…ned as the (average) rate at
which reporting banks believe (prime) banks o¤er interbank (term) deposits to
other prime banks. Suppose that the banks in our model are considered prime
banks. As -banks o¤er two-period interbank deposits to -banks in our model
at the rate
1 + rR
1
p
[1 + (1 F [ ])
] 1
(3)
rE
1 p
2 1 p
we can argue that rE is a model representation of the Euribor. With propositions
1 and equation 3, we get
(1 + rR ) =

1 + (1

1 + rE
F [ ]) 1 2

(1 + rR )

p
1 p

rE

rR

(4)

Thus, the two-period CDS spread (multiplied by 1 plus the two-period repo
rate) is now smaller then the spread of the two-period Euribor rE over the
two-period risk free rate. These results are in line with the empirical …ndings
presented in Section 2.
The money market liquidity risk premium can be de…ned as the spread of
rE over r as given in equation 1, i.e.
LRP =

1 + rR
[(1
1 p

F [ ])

1

p
2

1

p

]

(5)

The liquidity risk premium can also be written as
LRP = rE

rR

(1 + rR )

(6)
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It is easy to show that equations 5 and 6 are identical.
It should be noted, however, that the liquidity risk premium essentially refers
to a considerable extent to default risk, namely the risk of a default of the
respective -bank.
Up until now, we have discussed cases with C = 0. We merely note that
the case of C > 0 is not very exciting. If -banks have (perfect) collateral, then
they will use it. They will simply borrow an amount of C in the repo market
in t = 0 for two periods. For the remaining de…cit de0
d0 C , the above
argumentation holds without changes. We have assumed that repo rates are
exogenous so that -banks cannot require a funding liquidity risk premium in
repo markets. There is indeed no funding risk that may result from two-period
loans granted in the repo market as the lender receives high-quality collateral
that can be reused. If the lender is hit by a liquidity shock before the loan
matures, he can use the collateral to borrow funds in the repo market at the
risk-free rate.

4

Discussion and conclusions

The above model provides a simple explanation for the rise of interest rates in
unsecured interbank term money markets in the wake of the …nancial market
turmoil that started in August 2007. It can explain two major observations:
(i) (one-year) unsecured interbank market spreads have signi…cantly exceeded
CDS spreads since August 2007 (while overnight interest rate spreads have remained low); and (ii) volumes in unsecured interbank term money markets have
reportedly been at extraordinarily low levels since the start of the turmoil while
volumes in unsecured overnight markets remained high.13
Another observation that …ts well to our model refers to the end-of-quarter
e¤ects on money market rates during the turmoil. For example the one-month
Euribor spread has been clearly higher in the last month of each quarter (in
particular in the last month of 2007) than in other months since the start of
the turmoil. Similarly, the one-week Euribor spread has been higher in the last
week of each quarter than in other weeks.14 Our model suggests as a possible
explanation a higher risk of liquidity shocks or of a collateral shortage at the
end of the quarter so that lending money for a term that ends only after the
end of the quarter is particularly risky.
Given the signi…cant spread between Eonia rates and Euribor rates, which
apparently do not re‡ect interest rate expectations, it is remarkable that banks
do not seem to raise funds repeatedly overnight at Eonia and lend them out at
1 3 The low overnight deposit spreads may not only be due to the absence of funding liquidity
risk premia in overnight markets, but also due to central bank interventions which have been
an important factor during the turmoil. It is also noted in this context that volumes in
euro overnight markets remained high only until October 2008 when the ECB introduced full
allotment …xed rate tenders and replaced with this policy to a signi…cant extent interbank
market activities.
1 4 See ECB (2008), box No. 8.
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Euribor.15 If banks did this to a large extent, then term money market volumes should most likely be higher than anecdotal evidence suggest. Our model
provides a simple explanation: Funds can only be borrowed at the Euribor, but
lending funds at Euribor is hardly possible as prime banks prefer to borrow
repeatedly overnight at the low overnight rate rather than for a longer period
at the high Euribor.
Another interesting observation is that Euribor future market activities have
declined since the start of the turmoil, but the market still seems to be liquid
(see Chart 7). It should be noted however that Euribor future positions are
normally closed before the contract expires.16 Thus, Euribor future trades are
not carried out for funding purposes. The main motives behind Euribor future
trades might be speculation and hedging. As there are hardly any interbank
term money market transactions, Euribor futures may be used to hedge term
money market transactions between a bank and a corporation. The main reason
why there are no term market trades in our model is the assumption that banks
with a de…cit in t = 0 can borrow repeatedly overnight as an alternative to
rasing funds in the term market. Corporations might not have easy access to
overnight money markets and thus need to borrow in term markets despite the
extraordinary high Euribor rates.
In our argumentation, we have assumed that CDS spreads are determined by
the probability of default of the reference entity and can therefore be regarded as
a measure of credit risk. Accordingly, we have interpreted the di¤erence between
interest rate spreads and CDS spreads as a liquidity risk premium in unsecured
money market rates. In reality, CDS spreads may also be in‡uenced by other
factors. For example, CDS spreads may go down if probabilities of default of
protection sellers go up. However, this e¤ect should be relatively limited as CDS
contracts are, as most derivative contracts, collateralised. If the probability of
a default of the reference entity increases, then the protection seller has to
provide additional collateral to mitigate the protection buyer’s counterparty
risk. Moreover, discussions with market participants con…rm that CDS spreads
are still commonly used for credit risk modelling purposes, suggesting that CDS
spreads indeed represent mainly the probability of default of the reference entity.
We have presented a stylized model to stress our main points. Accordingly,
there are several extensions of our model that may be worth looking at. As a
…rst step, it may be interesting to allow for two types of players with a surplus
in period t = 0: -banks will as before be hit with a given probability by a
liquidity shock in period t = 1; and b -banks will with certainty not be hit by
such a shock (or have plenty of high-quality collateral or zero default risk). It
is plausible that in the framework of our stylized model, b -banks will o¤er twoperiod unsecured loans at the rate r as de…ned in equation 1. This rate would
be acceptable for -banks so that we would now observe two-period unsecured
loans at low rates in equilibrium even if the new group of players will be small.
1 5 The

interest rate risk of this strategy could be hedge through an Eonia swap.
if a position is not closed, a Euribor trade does not take place as only the di¤erence
between the future rate speci…ed in the future contract and the Euribor on the expiration day
(multiplied by the volume of the future contract) is to be transferred.
1 6 Even
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However, another modi…cation in addition to the introduction of a second
group of institutions would make the model more realistic and would probably
broadly con…rm the main results of our paper. Suppose that -banks have a
strong preference for borrowing once for two periods rather than twice for one
period, for example to reduce the mismatch between long-term assets and shortterm liabilities for regulatory reasons. Then there is some demand for two-period
loans even if two-period rates are relatively high. In this situation, -banks may
still not be ready to lend for two periods. But b -banks will and -banks will
compete for two-period loans from b -banks. Thus, two-period interest rates will
increase and volumes in the two-period money market will decrease when the
total surplus of b -banks (or the number of b -banks) decreases.
In this context, it should be noted that our empirical …ndings and theoretical
argumentation refer to the relation between CDS spreads and interbank money
market spreads. There is a growing literature on the relation between CDS
spreads and bonds spreads (spreads of risky bonds over the riskfree rate) which
has motivated our methodology. No-arbitrage conditions in principle imply
that the spread of a CDS on some reference entity equals the swap spread of
a par bond issued by the same entity. Empirical research has found that this
was indeed broadly the case before the start of the turmoil.17 However, to
our knowledge, it has not yet been analysed whether this has changed in the
turmoil. We would expect that the di¤erence between CDS spreads and bond
spreads has been much smaller than that between CDS spreads and interbank
money market spreads during the turmoil. Interbank money markets are open
only to banks and primarily banks have faced high risks of liquidity shocks since
August 2007. Bond markets are open also to many other types of investors, in
particular to institutional investors, which might have been less a¤ected by the
turmoil.18 Moreover, it is not impossible to use bank bonds as collateral while
interbank loans are not used as collateral in repo markets. For that reason,
investors in bonds should be able to raise funds in case of a need cheaper than
lenders in unsecured interbank markets.
Finally, we consider the in‡uence of central banks’ implementation policy
on term money market rates in the context of our argumentation. Our analysis
suggests that the central bank could mitigate funding liquidity strains and thus
trim down term money market rates through at least two di¤erent measures.
First, it could o¤er unlimited short-term credit at the central bank rate against
a broad range of collateral. In the context of our model, this means that banks
that face a liquidity shock could borrow at the relatively low central bank rate
in t = 1, provided that they have enough central bank eligible collateral.19
Second, the central bank could lend very liquid high-quality assets against a
1 7 See

for example Zhu (2004).
may even be true for hedge funds as investors in hedge funds cannot withdraw money
from hedge funds at very short notice.
1 9 The ECB started to allocate unlimited credit to banks at a …xed rate (through full allotment …xed rate tenders) in October 2008. It was announced that this policy will be maintained
until at least March 2009. In line with our argumentation, Euribor spreads for loans that mature before or shortly after March 2009 decreased signi…cantly while Euribor spreads for loans
that mature long after March 2009 remained broadly unchanged.
1 8 This
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Figure 1: Time structure

broader range of collateral including less liquid instruments. Banks that face a
liquidity shock can borrow high-quality collateral in t = 1 and use this collateral
to borrow in the interbank repo market at the low repo rate, again provided
that these banks have enough central bank eligible collateral. It should however
be noted that our model does not provide any suggestions on whether such
interventions should or should not be done from a welfare perspective.

5

Annex A: no-arbitrage condition in CDS and
money markets

Consider a CDS that matures after a period of length 1 (e.g. one year) which
is divided into T sub-periods as in Figure 1 (for the case of T = 4). Call the
t-th sub-period t0 and the end of this sub-period t. Let 0 be the beginning of
the sub-period 10 . Time is continuous and bank may default at any point in
time so that default in each single point in time occurs with zero probability.
Assume that bank borrows X in the unsecured interbank market in t = 0
at (bank speci…c) borrowing rate r0;T for T sub-periods. Assume that this
requires bank to pay to the lender r0;T T1 X in 1, 2,..., T and additionally X
in T if it does not default. If it defaults in t0 , then it pays r0;T T1 X in 1, 2, ...,
t 1 and the remaining obligations v t (X; r0;T ) (which includes interest accrued
between t 1 and t) multiplied by the recovery rate R in t, i.e. R v t (X; r0;T ).
Note that interest is paid in real unsecured money markets only at maturity so
that our assumption of interest payments before maturity is only approximately
correct.
If an investor buys protection against a default of bank through a CDS
contract with notional amount q, then he will have to pay in 1, 2,..., T a premium
1
defaults in t0 , then the investor pays the
T q if no default occurs. If bank
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premium T1 q in 1, 2, ..., t 1 and receives q in t (i.e. with some delay after
the default). We assume that the protection seller also pays interest at the risk
free interest rate on the notional q for the time from the last premium payment
t 1 to the time of the payment of the notional t. Finally, the investor has to
deliver the reference obligation with a nominal value q. If we assume that the
reference obligation yields r0;T and pays interest in 1, 2, ..., t 1 in case of a
default in t0 , then it will trade in t at price R v t (q; r0;T ).
Finally, there is a repo market. We assume that the repo rate for a repo
t 1;t
0;T
, i.e. constant over all sub-periods.
from t 1 to t is rR
= T1 rR
0;T
0;T
Assume that < r
rR . Then an investor with su¢ cient assets that
can be used as collateral in repo markets could make arbitrage. He could raise
an amount X in the repo market in 0 for T sub-periods. He then lends X to
bank unsecured at rate r0;T from 0 to T and buys protection with a notional
value of X. His cash ‡ows if no default occurs are as follows: In 0, the investor
raises X and invests X so that the cash ‡ow is zero. In t = 1; :::; T , the investor
0;T 1
receives r0;T T1 X from bank , pays (1 + rR
T ) X in the repo market, raises
1
X in the repo market and pays T X on the CDS. This gives a cash ‡ow of
(r0;T

0;T
rR

)

1
X>0
T

If a default occurs in t0 , then the investor receives this amount in 1, 2, ..., t 2
0;T
and t 1. In t, he receives X (1 + T1 rR
) from the protection seller and has to
0;T
t
deliver bonds with a value of R v (X; r ). Moreover, he receives R v t (q; r0;T )
0;T 1
from bank and pays (1 + rR
T ) X in the repo market. This gives a cash
‡ow of zero.
0;T
Thus,
< r0;T
rR
implies arbitrage opportunities for investors with
su¢ cient high quality collateral. Markets are arbitrage free only if = r0;T
0;T
rR
.
As usual, the arbitrage free pricing approach can be translated into a riskneutral probability approach. In a risk-neutral world, the expected present value
of the CDS contract should be zero, i.e. the probabilities of default p 0 of bank
in period 0 have to satisfy
0

0

= [1

T
X

p 0]

0 =10

0

+

T
X

0 =10

p 0[

T
X
t=1

X1
t=1

1

1

1
TX
0;T
+ Tt rR

1
TX
0;T
+ Tt rR

+

R v t (X; r0;T )
1+

(1 +
0;T
rR

1 0;T
T rR )

X

]

Here, the …rst term represents the present value of the CDS (from the perspective
of the protection seller) if bank does not default, multiplied by the probability
of no default. The other terms give the present value if bank defaults in period
10 , ..., T 0 , multiplied by the repsctive probability.

20

ECB
Working Paper Series No 1025
March 2009

Similarly, the expected present value of raising X repeatedly in the repo
market and lending X unsecured to bank for T sub-periods should in a riskneutral world equal zero:
0

0 = [1

T
X

p 0]

0 =10

0

+

T
X

0 =10

p 0[

T
X
(r0;T

1+

t=1

X1 (r0;T
t=1

1+

0;T 1
rR
)T X
t 0;T
T rR

0;T 1
rR
)T X

t 0;T
T rR

+

R v t (X; r0;T )
1+

(1 +
0;T
rR

1 0;T
T rR )

X

]

It is apparent that these two equations can hold simultaneously only if =
0;T
r0;T rR
. Moreover, if markets are complete, i.e. if there is a CDS market
and an unsecured interbank market for all maturities 1;...; T and if payment days
in all these markets are 1; 2;... until maturity, then markets are arbitrage free if
and only if the implied risk-neutral probabilities of default in CDS markets are
the same as the implied risk-neutral probabilities of default in unsecured money
markets.
0;T
Note that we have derived the no-arbitrage condition = r0;T rR
under
a set of assumptions that are not fully realistic. The most important of these
assumptions is that interest payments on interbank loans are to be made on
the same days as CDS premium payments. In reality however, the CDS premium is paid quarterly while interest on interbank loans is paid when the loan
matures. For the protection seller, the frequency of premium payments is of
course an advantage. In order to compensate the protection buyer, one would
therefore expect that the CDS spread is a bit smaller than the interest rate
spread. For that reason, no arbitrage only requires that the CDS spread equals
approximately the interest rate spread.

6

Annex B: proofs

We use the following notation:
S 0;2 : Repo loan supply of an -bank in t = 0 for two periods.
S 1;2 : Repo loan supply of an
-bank in t = 1 for one period.
S 1;2 : Repo loan supply of an
-bank in t = 1 for one period.
U 0;1 : Unsecured loan supply of an -bank to a -bank in t = 0 for one
period.
U 0;2 : Unsecured loan supply of an -bank to a -bank in t = 0 for two
periods.
U 1;2; : Unsecured loan supply of an
-bank to a -bank in t = 1 for one
period.
U 1;2; : Unsecured loan supply of an
-bank to a
-bank in t = 1 for one
period.
U 1;2; : Unsecured loan supply of an
-bank to a -bank in t = 1 for one
period.
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U 1;2; : Unsecured loan supply of an
-bank to a
-bank in t = 1 for one
period.
q: CDS protection demand of an -bank in t = 0.
s0;2 : Repo loan demand of a -bank in t = 0 for two periods.
s1;2 : Repo loan demand of an
-bank in t = 1 for one period.
1;2
s : Repo loan demand of a -bank in t = 1 for one period.
u0;1 : Unsecured loan demand of a -bank in t = 0 for one period.
u0;2 : Unsecured loan demand of a -bank in t = 0 for two periods.
u1;2 : Unsecured loan demand of an
-bank in t = 1 for one period.
1;2
u : Unsecured loan demand of a -bank in t = 1 for one period.
We implicitly assume here that banks cannot give loans to banks of the
same type. We also assume that
-banks cannot trade with -banks and
banks cannot trade with -banks in t = 1. All period 1 variables are assumed
to be non-negative and all unsecured loan period 0 variables are assumed to be
non-negative. Repo loan period 0 variables may be positive or negative or zero.
With this notation, we can de…ne the pro…t of an -bank for various cases.
For example, if the -bank turns out to be an
-bank and there is no default
of this bank and also no default of any of its trading partners, then
= (1+rR )S 0;2 +(1+r)U 0;2

0;1
q+(1+rR
)S 1;2 +

0;1
0;1
1 + rR
1 + rR
U 1;2; +
U 1;2;
1 p
1 p

This event has a probability of (1 p )2 (1 p )(1
) 12 . Here, (1 p )2 is
the probability that the -bank does not default and the
-bank with which it
trades does not default. If the -bank turns out to be an
-bank and there is
no default of this bank and of the -bank, but default of the
-bank with which
it trades, then its pro…t is given as above but the last term is to be replaced by
zero. The probability of that event is (1 p )p (1 p )(1
) 12 . Taking into
account that utility is zero in case of an own default, we can write the expected
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utility of an -bank in t = 0 conditional on some d1 as
E[
1

jd1 ]
p

=

(1

p )(1

1
) [(1 + rR )S 0;2 + (1 + r)U 0;2
2

p )(1

0;1
q + (1 + rR
)S 1;2 +

+p (1

p )(1
p )p (1

+(1

0;1
0;1
1 + rR
1 + rR
U 1;2; +
U 1;2;
1 p
1 p

1
) [(1 + rR )S 0;2 + (1 + r)U 0;2
2

]

0;1
q + (1 + rR
)S 1;2 +

0;1
1 + rR
1
0;1
) [(1 + rR )S 0;2 + q + (1 + rR
)S 1;2 +
U 1;2;
2
1 p

1
0;1
) [(1 + rR )S 0;2 + q + (1 + rR
)S 1;2 ]
2
1
) [(1 + rR )S 0;2 + (1 + r)U 0;2
p )(1 p )(1
2

0;1
1 + rR
U 1;2; ]
1 p

]

+p p (1
+(1
+p (1
+(1

p )(1
p )p (1

1
) [(1 + rR )S 0;2 + (1 + r)U 0;2
2
1
) [(1 + rR )S 0;2 + q
2

1
0;1 1;2
) [(1 + rR )S 0;2 + q (1 + rR
)s
2
p )(1 p ) [(1 + rR )S 0;2 + (1 + r)U 0;2

0;1
q + (1 + rR
)S 1;2 +

p )p

+(1
+p p

0;1
1 + rR
u1;2 ]
1 p

0;1
1 + rR
u1;2 ]
1 p

]

0;1
q + (1 + rR
)S 1;2 +

0;1
[(1 + rR )S 0;2 + q + (1 + rR
)S 1;2 +

0;1
1 + rR
u1;2 ]
1 p

0;1
1 + rR
u1;2 ]
1 p

0;1
0;1
1 + rR
1 + rR
U 1;2; +
U 1;2;
1 p
1 p

p ) [(1 + rR )S 0;2 + (1 + r)U 0;2

+p (1

0;1 1;2
(1 + rR
)s

0;1 1;2
(1 + rR
)s

q

0;1 1;2
(1 + rR
)s

+p p (1
+(1

q

0;1
1 + rR
U 1;2;
1 p

0;1
1 + rR
U 1;2; ]
1 p

]

0;1
[(1 + rR )S 0;2 + q + (1 + rR
)S 1;2 ]

Rearranging gives
E[
1

jd1 ]
p

=

(1 + rR )S 0;2 + (1
+(1
(1

p )(1 + r)U 0;2

(1

1
0;1
)[S 1;2 + U 1;2; + U 1;2;
) (1 + rR
2
0;1
1 + rR
1
0;1 1;2
) [(1 + rR
)s +
u1;2 ]
2
1 p

0;1
+ (1 + rR
)[S 1;2 + U 1;2; + U 1;2;

p ) q+p q
]

]
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The -bank has the following contraints:
S 0;2 + U 0;2 + U 0;1
d0 S 0;2
S 0;2
0;1
d1 + (1 + rR )U 0;1

= d0
U 0;1 0
C
= S 1;2 + U 1;2;

0;1
(1 + rR
)U 0;1

d1

+ U 1;2;

= s1;2 + u1;2

s1;2

0;1
0;1
(1 + rR
)C + (1 + rR
)S 0;2

0;1
(1 + rR
)U 0;1

= S 1;2 + U 1;2;

+ U 1;2;

Moreover, it is clear that an
-bank will always borrow in period 1 as much
as possible against collateral, i.e.
s1;2

= minfd1

u1;2

= d1

0;1
0;1
0;1
(1 + rR
)U 0;1 ; (1 + rR
)C + (1 + rR
)S 0;2 g

0;1
(1 + rR
)U 0;1

= maxf0; d1

minfd1

0;1
(1 + rR
)C

0;1
0;1
0;1
(1 + rR
)U 0;1 ; (1 + rR
)C + (1 + rR
)S 0;2 g

0;1
(1 + rR
)(U 0;1 + S 0;2 )g

Thus
E[
1

jd1 ]
p

= (1 + rR )S 0;2 + (1
(1

p )(1 + r)[d0

U 0;1

S 0;2 ]

(7)

1
0;1
0;1
) (1 + rR
)[d1 + (1 + rR
)U 0;1 ]
2

p ) q + p q + (1

1
0;1
0;1
0;1
) minfd1 (1 + rR
)U 0;1 ; (1 + rR
)(C + S 0;2 )g
) (1 + rR
2
1
1
0;1
0;1
(1
) (1 + rR
)
maxf0; d1 (1 + rR
)(C + U 0;1 + S 0;2 )g
2
1 p
+ (1 + rR )U 0;1
(1

We now assume C = 0 so that S 0;2 = 0. For any d1
we get from equation 7
E[

jd1

0;1
(1 + rR
)(U 0;1 + C )]
= (1
1 p

and for any d1
E[
= (1
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U 0;1 ) + (1 + rR )U 0;1

0;1
(1 + rR
)(U 0;1 + C ), we get from equation 7

jd1

0;1
(1 + rR
)(U 0;1 + C )]
1 p

p )(1 + r)(d0

+ (1 + rR )U 0;1 + (1
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p )(1 + r)(d0

0;1
(1 + rR
)(U 0;1 + C ),

1
2 p 0;1
) (1 + rR )
U
2
1 p
1
p
0;1
0;1
) (1 + rR
)
[(1 + rR
)C
d1 ]
2
1 p

U 0;1 ) + (1

Let d1 be the highest value in the support of d1 . Thus,
unconditional expected pro…t
E[ ]
1 p

=

0;1
0;1
(1+rR
)(U
Z +C )

E[

-banks maximise the

0;1
(1 + rR
)(U 0;1 + C )]
1 p

jd1

(8)

0;1
(1+rR
)d0

Zd1

+

E[

jd1

0;1
(1 + rR
)(U 0;1 + C )]
1 p

0;1
(1+rR
)(U 0;1 +C )

with respect to U 0;1 and q subject to d0
get after some rearrangements
@ E[
1 p

U 0;1

0. Using Leibniz’s rule, we

]

=

@U 0;1

(1

p )(1 + r)

+(1 + rR )[1 + (1

(9)
0;1
F [(1 + rR
)(U 0;1 + C )])

1

p
2

1

p

]

For a -bank, the (unconditional) expected pro…t is
E[ ]
=
1 p

(1 + rR )s0;2

0;1 1;2
(1 + rR
)s

(1 + r)u0;2

0;1
1 + rR
u1;2
1 p

The related constraints are
s0;2 + u0;1 + u0;2
d0

= d0

0;2

u0;1

0;2

C

s
s

s1;2 + u1;2

0

0;1 0;1
= (1 + rR
)u

s1;2

0;1
(1 + rR
)C

0;1 0;2
(1 + rR
)s

A -bank will always borrow in period 1 as much as possible against collateral,
i.e.
s1;2

0;1 0;1
0;1
= minf(1 + rR
)u ; (1 + rR
)(C

u1;2

=

0;1 0;1
(1 + rR
)u

s0;2 )g

0;1 0;1
0;1
minf(1 + rR
)u ; (1 + rR
)(C

0;1
= maxf0; (1 + rR
)(u0;1

s0;2 )g

C + s0;2 g

Thus, a -bank maximizes
E[ ]
1 p

=

(1 + rR )s0;2

(1 + r)(d0

u0;1

s0;2 )

0;1
0;1 0;1
0;1
(1 + rR
) minf(1 + rR
)u ; (1 + rR
)(C
0;1
1 + rR
0;1
maxf0; (1 + rR
)(u0;1
1 p

(10)
s0;2 )g

C + s0;2 g
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with respect to u0;1 and s0;2 and subject to d0
For C = 0, i.e. s0;2 = 0, we get
E[ ]
=
1 p
so that

u0;1 )

(1 + r)(d0

E[

@1

]

p
@u0;1

s0;2

= (1 + r)

0, s0;2

u0;1

C .

1 + rR 0;1
u
1 p

(1 + rR )
1 p

(11)

Proof of proposition 1:
This follows immediately from equations 7 and 8
Proof of proposition 2:
With equation 9 we get from
@ E[
1 p

= 1 or p = 0

]

@U 0;1

=

(1

p )(1 + r) + (1 + rR )]

If this equals zero, i.e. if
(1 + r) =

(1 + rR )
(1 p )

then -banks are indi¤erent between lending for two periods or for one period.
If (1 + r) is greater, then U 0;1 = 0 and U 0;2 = d0 . If (1 + r) is smaller, then
U 0;1 = d0 and U 0;2 = 0. If equation 11 is zero, i.e. if
(1 + r) =

(1 + rR )
1 p

then -banks are indi¤erent between borrowing for two periods or for one period.
If (1 + r) is smaller, then u0;1 = 0 and u0;2 = d0 . If (1 + r) is greater, then
R)
u0;1 = d0 and u0;2 = 0. It follwos that an equilibrium requires 1+r = (1+r
(1 p ) . As
both sides of the market are now indi¤erent, any Xu0;2 2 [0; d0 ] is an equilibrium.
Proof of proposition 3:
The proof is very similar to that of proposition 2 and therefore omitted here.
Proof of proposition 4:
An -bank will o¤er two-period funds (i.e. U 0;1 < d0 ) only if equation 9 is
zero or negative for U 0;1 = d0 . It is zero for U 0;1 = d0 i¤
(1 + r) =
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(1 + rR )
[1 + (1
(1 p )

F [ ])

1

p
2

1

p

]

If (1 + r) is greater, then U 0;1 < d0 and U 0;2 > 0. If (1 + r) is smaller, then
U 0;1 = d0 and U 0;2 = 0. If equation 11 is zero, i.e. if
(1 + r) =

(1 + rR )
1 p

then -banks are indi¤erent between borrowing for two periods or for one period.
If (1 + r) is smaller, then u0;1 = 0 and u0;2 = d0 . If (1 + r) is greater, then
u0;1 = d0 and u0;2 = 0.
It follwos that an equilibrium with Xu0;2 > 0 is impossible and that Xu0;2 = 0
requires that
1+r 2[

1 + rR 1 + rR
;
[1 + (1
1 p 1 p

F [ ])

1

p
2

1

p

]]
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Figure 2: Spread of Euribor rates over Eurepo rates for 3-month, 6-month and
12-month maturity. Sources: Bloomberg and www.eurepo.org.

Figure 3: Standard deviation of individual contributions to the one-year Euribor
(grey). Standard deviation of one-year CDS spreads for 20 Euribor panel banks.
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Figure 4: One year Euribor spread and average of 20 one-year CDS spreads
from CDS contracts on Euribor panel banks. Sources: Bloomberg and
www.eurepo.org.
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Figure 5: Eonia spread

Figure 6: Eonia volume
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Figure 7: Three-Month Euribor Futures on Eurex, open interest, in EUR million. Source: Eurex Monthly Statistics - Derivatives Market (July 2007 and
July 2008).

ECB
Working Paper Series No 1025
March 2009

37

European Central Bank Working Paper Series
For a complete list of Working Papers published by the ECB, please visit the ECB’s website
(http://www.ecb.europa.eu).
973 “Do China and oil exporters influence major currency configurations?” by M. Fratzscher and A. Mehl,
December 2008.
974 “Institutional features of wage bargaining in 23 European countries, the US and Japan” by P. Du Caju, E. Gautier,
D. Momferatou and M. Ward-Warmedinger, December 2008.
975 “Early estimates of euro area real GDP growth: a bottom up approach from the production side” by E. Hahn
and F. Skudelny, December 2008.
976 “The term structure of interest rates across frequencies” by K. Assenmacher-Wesche and S. Gerlach,
December 2008.
977 “Predictions of short-term rates and the expectations hypothesis of the term structure of interest rates”
by M. Guidolin and D. L. Thornton, December 2008.
978 “Measuring monetary policy expectations from financial market instruments” by M. Joyce, J. Relleen and
S. Sorensen, December 2008.
979 “Futures contract rates as monetary policy forecasts” by G. Ferrero and A. Nobili, December 2008.
980 “Extracting market expectations from yield curves augmented by money market interest rates: the case of Japan”
by T. Nagano and N. Baba, December 2008.
981 “Why the effective price for money exceeds the policy rate in the ECB tenders?” by T. Välimäki,
December 2008.
982 “Modelling short-term interest rate spreads in the euro money market” by N. Cassola and C. Morana,
December 2008.
983 “What explains the spread between the euro overnight rate and the ECB’s policy rate?” by T. Linzert and
S. Schmidt, December 2008.
984 “The daily and policy-relevant liquidity effects” by D. L. Thornton, December 2008.
985 “Portuguese banks in the euro area market for daily funds” by L. Farinha and V. Gaspar, December 2008.
986 “The topology of the federal funds market” by M. L. Bech and E. Atalay, December 2008.
987 “Probability of informed trading on the euro overnight market rate: an update” by J. Idier and S. Nardelli,
December 2008.
988 “The interday and intraday patterns of the overnight market: evidence from an electronic platform”
by R. Beaupain and A. Durré, December 2008.
989 “Modelling loans to non-financial corporations in the euro area” by C. Kok Sørensen, D. Marqués Ibáñez and
C. Rossi, January 2009.
990 “Fiscal policy, housing and stock prices” by A. Afonso and R. M. Sousa, January 2009.
991 “The macroeconomic effects of fiscal policy” by A. Afonso and R. M. Sousa, January 2009.

38

ECB
Working Paper Series No 1025
March 2009

992 “FDI and productivity convergence in central and eastern Europe: an industry-level investigation”
by M. Bijsterbosch and M. Kolasa, January 2009.
993 “Has emerging Asia decoupled? An analysis of production and trade linkages using the Asian international inputoutput table” by G. Pula and T. A. Peltonen, January 2009.
994 “Fiscal sustainability and policy implications for the euro area” by F. Balassone, J. Cunha, G. Langenus, B. Manzke,
J. Pavot, D. Prammer and P. Tommasino, January 2009.
995 “Current account benchmarks for central and eastern Europe: a desperate search?” by M. Ca’ Zorzi, A. Chudik
and A. Dieppe, January 2009.
996 “What drives euro area break-even inflation rates?” by M. Ciccarelli and J. A. García, January 2009.
997 “Financing obstacles and growth: an analysis for euro area non-financial corporations” by C. Coluzzi, A. Ferrando
and C. Martinez-Carrascal, January 2009.
998 “Infinite-dimensional VARs and factor models” by A. Chudik and M. H. Pesaran, January 2009.
999 “Risk-adjusted forecasts of oil prices” by P. Pagano and M. Pisani, January 2009.
1000 “Wealth effects in emerging market economies” by T. A. Peltonen, R. M. Sousa and I. S. Vansteenkiste,
January 2009.
1001 “Identifying the elasticity of substitution with biased technical change” by M. A. León-Ledesma, P. McAdam and
A. Willman, January 2009.
1002 “Assessing portfolio credit risk changes in a sample of EU large and complex banking groups in reaction to
macroeconomic shocks” by O. Castrén, T. Fitzpatrick and M. Sydow, February 2009.
1003 “Real wages over the business cycle: OECD evidence from the time and frequency domains” by J. Messina,
C. Strozzi and J. Turunen, February 2009.
1004 “Characterising the inflation targeting regime in South Korea” by M. Sánchez, February 2009.
1005 “Labor market institutions and macroeconomic volatility in a panel of OECD countries” by F. Rumler and
J. Scharler, February 2009.
1006 “Understanding sectoral differences in downward real wage rigidity: workforce composition, institutions,
technology and competition” by P. Du Caju, C. Fuss and L. Wintr, February 2009.
1007 “Sequential bargaining in a new-Keynesian model with frictional unemployment and staggered wage negotiation”
by G. de Walque, O. Pierrard, H. Sneessens and R. Wouters, February 2009.
1008 “Liquidity (risk) concepts: definitions and interactions” by K. Nikolaou, February 2009.
1009 “Optimal sticky prices under rational inattention” by B. Maćkowiak and M. Wiederholt, February 2009.
1010 “Business cycles in the euro area” by D. Giannone, M. Lenza and L. Reichlin, February 2009.
1011 “The global dimension of inflation – evidence from factor-augmented Phillips curves” by S. Eickmeier and
K. Moll, February 2009.
1012 “Petrodollars and imports of oil exporting countries” by R. Beck and A. Kamps, February 2009.
1013 “Structural breaks, cointegration and the Fisher effect” by A. Beyer, A. A. Haug and B. Dewald, February 2009.
ECB
Working Paper Series No 1025
March 2009

39

1014 “Asset prices and current account fluctuations in G7 economies” by M. Fratzscher and R. Straub, February 2009.
1015 “Inflation forecasting in the new EU Member States” by O. Arratibel, C. Kamps and N. Leiner-Killinger,
February 2009.
1016 “When does lumpy factor adjustment matter for aggregate dynamics?” by S. Fahr and F. Yao, March 2009.
1017 “Optimal prediction pools” by J. Geweke and G. Amisano, March 2009.
1018 “Cross-border mergers and acquisitions: financial and institutional forces” by N. Coeurdacier, R. A. De Santis
and A. Aviat, March 2009.
1019 “What drives returns to euro area housing? Evidence from a dynamic dividend-discount model” by P. Hiebert and
M. Sydow, March 2009.
1020 “Opting out of the Great Inflation: German monetary policy after the break down of Bretton Woods”
by A. Beyer, V. Gaspar, C. Gerberding and O. Issing, March 2009.
1021 “Rigid labour compensation and flexible employment? Firm-level evidence with regard to productivity for
Belgium” by C. Fuss and L. Wintr, March 2009.
1022 “Understanding inter-industry wage structures in the euro area” by V. Genre, K. Kohn and D. Momferatou,
March 2009.
1023 “Bank loan announcements and borrower stock returns: does bank origin matter?” by S. Ongena and
V. Roscovan, March 2009.
1024 “Funding liquidity risk: definition and measurement” by M. Drehmann and K. Nikolaou, March 2009.
1025 “Liquidity risk premia in unsecured interbank money markets” by J. Eisenschmidt and J. Tapking, March 2009.

40

ECB
Working Paper Series No 1025
March 2009

